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Various mathematical asymptotics (like small/large, slow/fast) cre-
ate phenomena of horizons we are challenged to perceive.

One such phenomenon can be observed when considering border
between absolute convergence and divergence in 𝑐+

0 ([1]). Classical
tests for absolute convergence/divergence decide only sets of first
category in ℓ1 , ℓ2 ∖ ℓ1 resp. There is an (𝜔1, 𝜔∗

1) Hausdoff gap fill-
ing this. Comparison ordering of absolutely convergent series is up-
wards directed, comparison ordering of absolutely divergent series
(downwards) has base tree property ([2]) and various cardinal char-
acteristics of bottom and upper part of this horizon seem to depend
on axioms/models of ZFC (e.g. equal under CH). Similar phenome-
non can be observed on partitions of omega with refinement, see [3].

We show that 𝔥 󰙓⋂∞
𝑛=1 ℓ1+ 1

𝑛 ∖ ℓ1, <∗󰙔 and 𝔥(𝑃(𝜔)⁄𝑓 𝑖𝑛, ⊆∗) are consis-
tently different (see [1]). So, this horizon is behind ℓ𝑝 hierarchy, is
topologically large and set-theoretically sensitive.

We present a more general framework for (separative quotients of)
horizons, recall some old and new examples, results and problems.
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